The three-phase three-wire neutral-point-clamped shunt active power filter (NPC-SAPF), which most adopts classical closed-loop feedback control methods such as proportional-integral (PI), proportional-resonant (PR) and repetitive control, can only output 1st-25th harmonic currents with 10-20 kHz switching frequency. The reason for this is that the controller design must make a compromise between system stability and harmonic current compensation ability under the condition of less than 20 kHz switching frequency. To broaden the bandwidth of the compensation current, a Lyapunov stability theory-based control strategy is presented in this paper for NPC-SAPF. The proposed control law is obtained by constructing the switching function on the basis of the mathematical model and the Lyapunov candidate function, which can avoid introducing closed-loop feedback control and keep the system globally asymptotically stable. By means of the proposed method, the NPC-SAPF has compensation ability for the 1st-50th harmonic currents, the total harmonic distortion (THD) and each harmonic content of grid currents satisfy the requirements of IEEE Standard 519-2014. In order to verify the superiority of the proposed control strategy, stability conditions of the proposed strategy and the representative PR controllers are compared. The simulation results in MATLAB/Simulink (MathWorks, Natick, MA, USA) and the experimental results obtained on a 6.6 kVA NPC-SAPF laboratory prototype validate the proposed control strategy.
Introduction
The increased application of power electronics (variable frequency drives, AC-DC converters, etc.) causes serious harmonic pollution in power systems [1, 2] . The active power filter (APF) is considered an effective solution for harmonic elimination of nonlinear loads [3] [4] [5] [6] [7] [8] [9] [10] [11] [12] [13] [14] [15] .
The classical closed-loop feedback control scheme of the shunt active power filter (SAPF) includes indirect [3] [4] [5] [6] [7] [8] [9] and direct current control methods [10] [11] [12] [13] [14] . Proportional-resonant (PR) controllers are the most popular method for SAPF, as they guarantee zero-state errors and achieve the required total harmonic distortion (THD) performance at each specified frequency. The systematical design method of PR controllers is described in [3] and the effects of different discretization methods are considered, but the output harmonic order is below the 20th. An LCL-filter-based SAPF with PR controllers is proposed in [4] , and the grid current spectrum shows that it has good compensation performance below the 25th harmonics but poor performance on eliminating switching frequency harmonics. A sensorless control strategy with multiple quasi-resonant compensators for SAPF was presented in [5] , which is able to track an unknown grid frequency, reducing its sensitivity to this variable. However, the SAPF
Mathematical Model
The configuration of NPC-SAPF is shown in Figure 1 . The simulation and experimental system consist of three phase grid voltages with grid impedance, nonlinear load and NPC-SAPF. We take one phase as an example to define the variables. Rs and Ls are the grid equivalent resistor and inductor. iS is the grid current. iL is the load current. iC is the output current. usn is the point of common coupling (PCC) voltage. Lg is the grid side inductor of the output filter. Lf is the inverter side inductor of the output filter. C1 is the upper DC-capacitor. C2 is the lower DC-capacitor. udc1 and udc2 are the voltages of C1 and C2, while idc1 and idc2 are the currents of C1 and C2. 
where uasn, ubsn and ucsn are three phase PCC voltages. ica, icb and icc are three phase output currents. uao, ubo and uco are voltages between nodes a, b, c to node o, respectively. uon is the voltage between nodes o and n. LT can be equivalent to the sum of Lf and Lg in the useful frequency range (50 Hz-2.5 kHz), which will be explained later. Rf is the line resistance of inductor Lf and C1 = C2 = Cd. The uon meets Equation (2) because there is no zero sequence voltage, that is:
The switching state of NPC-SAPF only includes three conditions, since only two IGBTs are onstate at the same time, i.e., Tx1 and Tx2 (x = a, b, c) are on-state, Tx2 and Tx3 are on-state or Tx3 and Tx4 are on-state, so the switching functions are defined as follows: According to Kirchhoff's laws, the relationship between voltage and current can be deduced as follows: (1) where u asn , u bsn and u csn are three phase PCC voltages. i ca , i cb and i cc are three phase output currents. u ao , u bo and u co are voltages between nodes a, b, c to node o, respectively. u on is the voltage between nodes o and n. L T can be equivalent to the sum of L f and L g in the useful frequency range (50 Hz-2.5 kHz), which will be explained later. R f is the line resistance of inductor L f and C 1 = C 2 = C d . The u on meets Equation (2) because there is no zero sequence voltage, that is:
The switching state of NPC-SAPF only includes three conditions, since only two IGBTs are on-state at the same time, i.e., T x1 and T x2 (x = a, b, c) are on-state, T x2 and T x3 are on-state or T x3 and T x4 are on-state, so the switching functions are defined as follows: Thus, the relevant expressions are described as:
Combining Equations (1)- (4), the mathematical expressions can be obtained as follows:
where j = 1, 2. Equation (7) can be equivalent to:
Because M is a singular matrix, (7) and (8) can be replaced by its dual solution (9):
The mathematical expressions of NPC-SAPF in three-phase coordinate are as follows:
In order to reduce the computing time and regulate the DC voltage, Equation ( (11) where u dsn , u qsn are the PCC voltages in SRF. i cd and i cq are the output currents in SRF. D d1 and D q1 , D d2 and D q2 are the upper and lower switching functions in SRF. ω is the grid fundamental angular frequency.
Lyapunov Stability Theory-Based Control Strategy
Lyapunov stability theory is based on the concept of equilibrium point stability. We choose the state variable:
The block diagram of the proposed control strategy is shown in Figure 2 . In order to reduce the computing time and regulate the DC voltage, Equation (10) are transformed into SRF by Park transformation. The transformed expressions are as follows:
where udsn, uqsn are the PCC voltages in SRF. icd and icq are the output currents in SRF. Dd1 and Dq1, Dd2 and Dq2 are the upper and lower switching functions in SRF. ω is the grid fundamental angular frequency.
. The block diagram of the proposed control strategy is shown in Figure 2 . In Figure 2 , uSNabc represents three phase PCC voltages. θ is the phase of PCC voltages, which is estimated from the phase lock loop (PLL). iLabc represents three phase load currents. ihabc represents three phase harmonic currents. iCabc represents three phase output currents. i 
Current Control Realization
According to Lyapunov stability theory, a nonlinear system is globally asymptotically stable if the Lyapunov candidate function F(x, t) satisfies the following properties [18] [19] [20] : In Figure 2 , u SNabc represents three phase PCC voltages. θ is the phase of PCC voltages, which is estimated from the phase lock loop (PLL). i Labc represents three phase load currents. i habc represents three phase harmonic currents. i Cabc represents three phase output currents. i * cd and i * cq are extracted from i Labc by slide discrete Fourier transformation (DFT) in SRF. u * dc1 and u * dc2 are the upper and lower DC-capacitor reference voltages (u * dc1 = u * dc2 = u * dc = 400 V in this paper).
According to Lyapunov stability theory, a nonlinear system is globally asymptotically stable if the Lyapunov candidate function F(x, t) satisfies the following properties [18] [19] [20] :
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According to the first two properties in Equation (12), we choose F(x, t) as:
The first-order partial derivative of F(x, t) is:
Substituting state variables x 1 , x 2 , x 3 , x 4 into Equation (11), the final state equations of NPC-SAPF are obtained as follows:
where D d1 , D d2 , D q1 and D q2 are steady-state switching functions. According to Equation (11), we can obtain the following steady-state switching expressions:
In order to maintain the symmetry of two switching functions, the steady-state switching functions are chosen as:
The first-order partial derivative of F(x, t) is deduced by Equations (14)- (17), i.e.,:
It is clear that the first term of Equation (18) is always negative. In order to meet the last two properties in Equation (12) , the switching functions are chosen as:
where λ 1 , λ 2 are the gains of the control strategy. Considering the symmetry of control strategy, 
DC Voltage Control Realization
According to instantaneous reactive power theory, the total three-phase instantaneous reactive power of NPC-SAPF is zero. Thus the last two DC voltage expressions in Equation (11) are simplified as:
The differential Equation (20) indicates that DC voltage control loop can be designed by integrating a suitable PI regulator and superposing it on the active current i cd . The PI regulator can be designed as a second order optimal system [20] .
NP Voltage Balance through PWM Realization
According to the first equation in Equation (4), the modulation voltage V mabc is calculated as:
where D abc1 and D abc2 are three phase switching functions. An outstanding CB-PWM with zero-sequence voltage injection is introduced to keep the NP voltage balance [25] . The CB-PWM strategy achieves voltage-balancing task and reduces switching losses, compared with SVPWM.
LCL Type Output Filter Design
The design criteria of LCL type filter when applied to NPC-SAPF are summarized as follows:
(1) In order to ensure the output current follow the highest reference current change rate and limit the output current ripple. L T should meet:
, where ∆I c is the output current ripple. f s is the switching frequency (12.8 kHz). u SNm is the amplitude of grid phase voltage. M 49 is the 49th harmonic current amplitude which is chosen as 0.5 A. ω 49 is the 49th harmonic angular frequency. (2) L r and C r resonates at f s :
(3) In order to obtain good high frequency attenuate rate and appropriate output bandwidth for
where f m is the highest compensated frequency (2.5 kHz). C a = C d + C r . (4) Larger C d /C r is helpful to improve the damping performance but increase the power losses [29] .
Considering the harmonics characteristics of NPC-SAPF, C d /C r = 8 and R d = 3 are proposed.
The detailed values of LLCL filter are shown in Section 5. The single structure and the Bode plots of i g (s)/u f (s) are shown in Figure 3 . In Figure 3 , it can be seen that the LLCL filter has only one tuned trap at switching frequency fs, which indicates it can eliminate the switching harmonic currents effectively. Moreover, the characteristics of single LT and LLCL filter below 2.5 kHz are almost same. Thus the mathematical model of LLCL filter can be instead by LT (LT = Lg + Lf) in the useful frequency range (50 Hz-2.5 kHz). In Figure 3 , it can be seen that the LLCL filter has only one tuned trap at switching frequency f s , which indicates it can eliminate the switching harmonic currents effectively. Moreover, the characteristics of single L T and LLCL filter below 2.5 kHz are almost same. Thus the mathematical model of LLCL filter can be instead by L T (L T = L g + L f ) in the useful frequency range (50 Hz-2.5 kHz).
Comparison Analysis of System Stability

Stability of the Classical Feedback Control Strategy
PR and vector PI (VPI) controllers are effective and popular methods for SAPF, and their systematic design methods are described in [3, 13] . As they have similar filtering properties on each specified frequency [3] , we take PR controllers as an analysis object. The current controllers G PR (s) take the form:
where k = 6i ± 1, and i = 1, 2, 3, 4. According to [3] , K P = 2.5, In Figure 3 , it can be seen that the LLCL filter has only one tuned trap at switching frequency fs, which indicates it can eliminate the switching harmonic currents effectively. Moreover, the characteristics of single LT and LLCL filter below 2.5 kHz are almost same. Thus the mathematical model of LLCL filter can be instead by LT (LT = Lg + Lf) in the useful frequency range (50 Hz-2.5 kHz).
Comparison Analysis of System Stability
Stability of the Classical Feedback Control Strategy
PR and vector PI (VPI) controllers are effective and popular methods for SAPF, and their systematic design methods are described in [3, 13] . As they have similar filtering properties on each specified frequency [3] , we take PR controllers as an analysis object. The current controllers GPR(s) take the form:
where k = 6i ± 1, and i = 1, 2, 3, 4. According to [3] , KP = 2.5, It can be seen that the phase margin results in 36 • when the PR controllers (G PR (s)) order is below 29th (blue dotted line in Figure 4b ), which assures system stability. When a 29th or higher frequency resonant controller (red solid line in Figure 4b ) is added, the magnitude is below zero, which indicates the phase margin is not enough. This condition may be unstable or even resonate above 29th harmonics. This unstable situation will be solved by decreasing L T or increasing K P , but the current ripple will be too big for output current waveform, so PR controllers cannot compensate high-frequency harmonics stably.
The Proposed Control Strategy Stability
When the control system has the following state-space form:
The characteristic equation is obtained by |sI − A|. And the relevant deduction is described in Appendix A. Let f (s, λ) = |sI − A|. The three-dimensional plot of f (s, λ) is shown in Figure 5 . The system is globally stable when all eigenvalues are in the left-half plane. Thus, λ value should follow the trend of the red dotted line in Figure 5 . The choice of λ is based on the fast response of the system and good quality of compensation. It is worth noting that the system achieves better dynamic performance when λ is closer to the origin point but better steady-state performance when λ is far away from the origin point.
The characteristic equation is obtained by |sI − A|. And the relevant deduction is described in Appendix. Let f(s, λ) = |sI − A|. The three-dimensional plot of f(s, λ) is shown in Figure 5 . The system is globally stable when all eigenvalues are in the left-half plane. Thus, λ value should follow the trend of the red dotted line in Figure 5 . The choice of λ is based on the fast response of the system and good quality of compensation. It is worth noting that the system achieves better dynamic performance when λ is closer to the origin point but better steady-state performance when λ is far away from the origin point. 
Tolerance of Inaccurate Model on Stability
The precision of the proposed control strategy depends on the differences between mathematical model and real plant. From the mathematical model, it can be seen that the mathematical model will deviate from real plant when the reference values do not match with the actual one. This condition means the partial derivative of F(x, t) may not be negative [32] . Thus 
where:
The precision of the proposed control strategy depends on the differences between mathematical model and real plant. From the mathematical model, it can be seen that the mathematical model will deviate from real plant when the reference values do not match with the actual one. This condition means the partial derivative of F(x, t) may not be negative [32] . Thus, we assume that the expected values are (I cd , I cq , U dc ), the adopted values are (I cd , I cq , U dc ). Therefore, Equation (18) can be deduced as: (24) where:
It can be figured out that if I cd /U dc = I cd /U dc and I cq /U dc = I cq /U dc , Equation (24) will be negative. Let us define: Then Equation (24) can be deduced by the adopted values in Equation (25):
It is clear that if f 1 (y 1 , y 3 ), f 2 (y 2 , y 3 ), f 3 (y 1 , y 4 ), f 4 (y 2 , y 4 ) are all below zero, Equation (27) will be negative. Let us take the first part in Equation (27) as an example, it is assumed that y 3 is equal to k·y 1 , giving:
It is clear that g 1 (λ, α 1 , k) is a quadratic equation of k, and g 1 (λ, α 1 , k) has a maximum value at k m = (1 + α 1 )/(2α 1 ) given by:
The error parameter α 1 will be given a value range when g 1max is below zero. The relationship between α 1 and g 1max is shown in Figure 6 .
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It is clear that g1(λ, α1, k) is a quadratic equation of k, and g1(λ, α1, k) has a maximum value at km = (1 + α1)/(2α1) given by:
The error parameter α1 will be given a value range when g1max is below zero. The relationship between α1 and g1max is shown in Figure 6 . According to the dashed area in Figure 6 and for an expected range of uncertainty 1 − ε < α1 < 1 + ε, the maximum value of λ can be calculated from Equation (29): According to the dashed area in Figure 6 and for an expected range of uncertainty 1 − ε < α 1 < 1 + ε, the maximum value of λ can be calculated from Equation (29):
where λ max is the maximum of control gain, ε is the uncertainty range. For example, if an uncertainty range of ±5% is chosen, λ max is calculated as −2.6 × 10 −4 .
Simulation Results
The proposed control strategy based on Lyapunov stability theory is simulated in MATLAB/Simulink. The main purpose of the simulation is to test three aspects of the control strategy: (1) The proposed control strategy can obtain wider output bandwidth than the closed-feedback control methods; (2) the proposed control strategy has a fast dynamic response for step-change of nonlinear load; (3) the proposed control strategy has a good steady-state harmonic compensation performance. The simulation parameter specifications are given in Table 1 . 
Comparisons between the Proposed Control Strategy and the Classical Feedback Control Methods
In order to verify the system stability analysis in Section 4, the proposed control strategy with λ = −1 × 10 −2 , PR controllers and selective harmonics (VPI) controllers described in [3, 13] are simulated. They all output 1st-50th harmonic currents. The simulation results are shown in Figures 7 and 8 . 
In order to verify the system stability analysis in Section 4, the proposed control strategy with λ = −1 × 10 −2 , PR controllers and selective harmonics (VPI) controllers described in [3, 13] are simulated. They all output 1st-50th harmonic currents. The simulation results are shown in Figures 7 and 8 .
It can be seen from Figure 7 that NPC-SAPF with the proposed control strategy outputs 1st-50th harmonic currents stably. The output current of NPC-SAPF by using PR controllers (1st-50th resonant controllers) resonates between the 29th and the 50th harmonics. While the output current of NPC-SAPF by using VPI controllers (1st-50th controllers) resonates between the 41st and the 50th harmonics. In Figure 8 , when PR and VPI controllers only regulate harmonics below 25th, the resonant phenomenon disappears. Simulation results in Figures 7 and 8 indicate that NPC-SAPF by using the proposed control method has wider output bandwidth than PR and VPI controllers. 
Dynamic Response of the NPC-SAPF
The waveforms of PCC voltages (uSNabc) and nonlinear load currents (iLabc) are shown in Figure  9 . The nonlinear load is an uncontrolled rectifier bridge (URB) with inductors (0.9 mH) and stepchange resistors (40 Ω → 25 Ω). Grid currents (iSabc), NPC-SAPF output currents on Lg (igabc), the difference between the reference currents and igabc (ΔiCabc), upper and lower DC-capacitor voltages (udc1&udc2) and DC-link total voltage (udc) are depicted in the rest figures of simulation. The nonlinear load changes 40 Ω → 25 Ω at 0.2 s. Figures 10 and 11 show the dynamic response of NPC-SAPF It can be seen from Figure 7 that NPC-SAPF with the proposed control strategy outputs 1st-50th harmonic currents stably. The output current of NPC-SAPF by using PR controllers (1st-50th resonant controllers) resonates between the 29th and the 50th harmonics. While the output current of NPC-SAPF by using VPI controllers (1st-50th controllers) resonates between the 41st and the 50th harmonics. In Figure 8 , when PR and VPI controllers only regulate harmonics below 25th, the resonant phenomenon disappears. Simulation results in Figures 7 and 8 indicate that NPC-SAPF by using the proposed control method has wider output bandwidth than PR and VPI controllers.
The waveforms of PCC voltages (u SNabc ) and nonlinear load currents (i Labc ) are shown in Figure 9 . The nonlinear load is an uncontrolled rectifier bridge (URB) with inductors (0.9 mH) and step-change resistors (40 Ω → 25 Ω). Grid currents (i Sabc ), NPC-SAPF output currents on L g (i gabc ), the difference between the reference currents and i gabc (∆i Cabc ), upper and lower DC-capacitor voltages (u dc1 &u dc2 ) and DC-link total voltage (u dc ) are depicted in the rest figures of simulation. The nonlinear load changes 40 Ω → 25 Ω at 0.2 s. Figures 10 and 11 show the dynamic response of NPC-SAPF when λ = −1 × 10 −2 and λ = −1 × 10 −3 . 
The waveforms of PCC voltages (uSNabc) and nonlinear load currents (iLabc) are shown in Figure  9 . The nonlinear load is an uncontrolled rectifier bridge (URB) with inductors (0.9 mH) and stepchange resistors (40 Ω → 25 Ω). Grid currents (iSabc), NPC-SAPF output currents on Lg (igabc), the difference between the reference currents and igabc (ΔiCabc), upper and lower DC-capacitor voltages (udc1&udc2) and DC-link total voltage (udc) are depicted in the rest figures of simulation. The nonlinear load changes 40 Ω → 25 Ω at 0.2 s. Figures 10 and 11 show the dynamic response of NPC-SAPF when λ = −1 × 10 −2 and λ = −1 × 10 −3 . As shown in Figures 10 and 11 , the DC-link voltage is regulated at 800 V and the voltages of upper and lower DC-capacitors are balanced. The waveforms of iSabc when λ = −1 × 10 −2 are better than λ = −1 × 10 −3 . It can be found from the last two sub-figures in Figures 10 and 11 that the settling time of λ = −1 × 10 −2 (50 ms) is longer than λ = −1 × 10 −3 (35 ms). The simulation results agree well with the analysis in Section 4.2. It also can be seen that the overshoots of igabc and udc are very small. We can draw a conclusion from the simulation results that the NPC-SAPF can obtain fast dynamic response with small overshoot for a step-change of the nonlinear load. As shown in Figures 10 and 11 , the DC-link voltage is regulated at 800 V and the voltages of upper and lower DC-capacitors are balanced. The waveforms of i Sabc when λ = −1 × 10 −2 are better than λ = −1 × 10 −3 . It can be found from the last two sub-figures in Figures 10 and 11 that the settling time of λ = −1 × 10 −2 (50 ms) is longer than λ = −1 × 10 −3 (35 ms). The simulation results agree well with the analysis in Section 4.2. It also can be seen that the overshoots of i gabc and u dc are very small. We can draw a conclusion from the simulation results that the NPC-SAPF can obtain fast dynamic response with small overshoot for a step-change of the nonlinear load. 
Steady-State Performance of the NPC-SAPF
The NPC-SAPF operates stably after 0.25 s. The corresponding FFT analysis is shown in Figure  12 . One can figure out that the THD of phase A grid current is decreased from 28.2% (22.61 A fundamental) to 3.81% and 6.03% when λ = −1 × 10 −2 and λ = −1 ×10 −3 , respectively. Moreover, the switching frequency (12.8 kHz) harmonic currents are eliminated effectively by the proposed LLCL filter. The THD when λ = −1 × 10 −3 cannot satisfy the requirements of IEEE Standard 519-2014. The detailed simulation data when λ = −1 × 10 −2 are shown in Table 2 . From Table 2 , each harmonic content of grid current also reach the requirements of IEEE Standard 519-2014. Thus λ = −1 × 10 −2 is recommended. 
The NPC-SAPF operates stably after 0.25 s. The corresponding FFT analysis is shown in Figure 12 . One can figure out that the THD of phase A grid current is decreased from 28.2% (22.61 A fundamental) to 3.81% and 6.03% when λ = −1 × 10 −2 and λ = −1 ×10 −3 , respectively. Moreover, the switching frequency (12.8 kHz) harmonic currents are eliminated effectively by the proposed LLCL filter. The THD when λ = −1 × 10 −3 cannot satisfy the requirements of IEEE Standard 519-2014. The detailed simulation data when λ = −1 × 10 −2 are shown in Table 2 . From Table 2 , each harmonic content of grid current also reach the requirements of IEEE Standard 519-2014. Thus λ = −1 × 10 −2 is recommended. It can be concluded from simulation results that the NPC-SAPF by using the proposed strategy has a wider output bandwidth on the premise of good dynamic response and satisfactory steady-state performance.
Experimental Results
The proposed control strategy is implemented on a 6.6 kVA NPC-SAPF laboratory prototype using the same simulation specifications given in Table 1 . Figure 13 shows the 6.6 kVA NPC-SAPF laboratory prototype and the nonlinear load. It can be concluded from simulation results that the NPC-SAPF by using the proposed strategy has a wider output bandwidth on the premise of good dynamic response and satisfactory steadystate performance.
The proposed control strategy is implemented on a 6.6 kVA NPC-SAPF laboratory prototype using the same simulation specifications given in Table 1 . Figure 13 shows the 6.6 kVA NPC-SAPF laboratory prototype and the nonlinear load. 
Dynamic Response of the NPC-SAPF
Phase A grid voltage (u SNa ), nonlinear load current (i La ) and output line-to-line voltage (u inv_AB ) of NPC are shown in Figure 14 . This is the PCC voltage and load current condition of the rest experiments. There are three voltage levels of NPC-SAPF: 0, 400 and 800 V in Figure 14b . Output current on gird-side inductor (i Ca ), grid current (i Sa ) and upper and lower DC-capacitor voltages (u dc1&2 ) are shown in Figure 15 . The step-change of the nonlinear load is the same as the simulation condition.
(Tektronix, Beaverton, OR, USA) are shown in Figures 14 and 15. Figure 14 . This is the PCC voltage and load current condition of the rest experiments. There are three voltage levels of NPC-SAPF: 0, 400 and 800 V in Figure 14b . Output current on gird-side inductor (iCa), grid current (iSa) and upper and lower DC-capacitor voltages (udc1&2) are shown in Figure 15 . The step-change of the nonlinear load is the same as the simulation condition. As shown in Figure 15 , the upper and lower DC-capacitor voltages are equal and the DC voltage waveforms are regulated at the reference value (800 V). The waveforms of iSa and udc1&2 when λ = −1 × 10 −2 are more smooth than λ = −1 × 10 −3 . While the settling time of λ = −1 × 10 −2 (40 ms) is longer than λ = −1 × 10 −3 (25 ms). It can be figured out that the overshoots of iCa and udc are very small. The results confirm that the NPC-SAPF can achieve fast dynamic response with small overshoot for a stepchange of the nonlinear load.
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Steady-State Performance of the NPC-APF
The NPC-SAPF operates stably after 40 ms from the step-change point. The FFT analysis conducted by SIMULINK/powergui function of phase A grid currents are shown in Figure 16 and the detailed experimental data when λ = −1 × 10 −2 are shown in Table 3 . The THD of the grid current (Tektronix, Beaverton, OR, USA) are shown in Figures 14 and 15. Figure 14 . This is the PCC voltage and load current condition of the rest experiments. There are three voltage levels of NPC-SAPF: 0, 400 and 800 V in Figure 14b . Output current on gird-side inductor (iCa), grid current (iSa) and upper and lower DC-capacitor voltages (udc1&2) are shown in Figure 15 . The step-change of the nonlinear load is the same as the simulation condition. As shown in Figure 15 , the upper and lower DC-capacitor voltages are equal and the DC voltage waveforms are regulated at the reference value (800 V). The waveforms of iSa and udc1&2 when λ = −1 × 10 −2 are more smooth than λ = −1 × 10 −3 . While the settling time of λ = −1 × 10 −2 (40 ms) is longer than λ = −1 × 10 −3 (25 ms). It can be figured out that the overshoots of iCa and udc are very small. The results confirm that the NPC-SAPF can achieve fast dynamic response with small overshoot for a stepchange of the nonlinear load.
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The NPC-SAPF operates stably after 40 ms from the step-change point. The FFT analysis conducted by SIMULINK/powergui function of phase A grid currents are shown in Figure 16 and the detailed experimental data when λ = −1 × 10 −2 are shown in Table 3 . The THD of the grid current is decreased from 27.9% (22.96 A fundamental) to 2.94% and 4.35% when λ = −1 × 10 −2 and λ = −1 × 10 −3 , respectively. In Table 3 , we can figure out that each order harmonic percent is lower than IEEE Standard 519-2014 when λ = −1 × 10 −2 . The experimental results conform with the simulation, and λ = −1 × 10 −2 is recommended. In addition, the switching frequency is not shown in Figure 16 because the number of data sample points provided by the Tektronix oscilloscope is not enough, but we can figure out that grid current waveforms in Figure 15 are very smooth, which indicates that the switching frequency harmonics are attenuated.
10 −3 , respectively. In Table 3 , we can figure out that each order harmonic percent is lower than IEEE Standard 519-2014 when λ = −1 × 10 −2 . The experimental results conform with the simulation, and λ = −1 × 10 −2 is recommended. In addition, the switching frequency is not shown in Figure 16 because the number of data sample points provided by the Tektronix oscilloscope is not enough, but we can figure out that grid current waveforms in Figure 15 are very smooth, which indicates that the switching frequency harmonics are attenuated. 
Experimental Resultes of PR and VPI Controllers
In order to clarify the advantages of the proposed control strategy with λ = −1 × 10 −2 , the PR and VPI control methods in [3, 13] were also applied in the NPC-SAPF prototype. According to the crossover frequency of the open-loop transfer function in Figure 4 , the NPC-SAPF outputs 1st-25th harmonic currents. The experimental results are shown in Figure 17 . The corresponding FFT analysis of phase A grid current is shown in Figure 18 .
It can be seen from Figures 17 and 18 that the THD grid currents in the two conditions are 4.07% and 4.01%. The 5th-25th harmonics are well attenuated while the 29th-50th harmonics still cannot meet the requirements of IEEE Standard 519-2014. The settling time of the output currents are only 25 ms and 30 ms, and the overshoot of output currents is very small. 
It can be seen from Figures 17 and 18 that the THD grid currents in the two conditions are 4.07% and 4.01%. The 5th-25th harmonics are well attenuated while the 29th-50th harmonics still cannot meet the requirements of IEEE Standard 519-2014. The settling time of the output currents are only 25 ms and 30 ms, and the overshoot of output currents is very small. In Section 6.2, the THD of grid current when λ = −1 × 10 −2 was 2.94%. The 5th-50th harmonics of the grid current are all attenuated and can satisfy the requirements of IEEE Standard 519-2014. In Section 6.1, the settling time of the output current was 40 ms, and the overshoot of the output current was also small when λ = −1 × 10 −2 . The THD of the proposed control strategy (3.0%) is superior to PR (3.56%) and VPI (3.31%) control methods. This is because the proposed control strategy compensates more high-frequency (29th-49th) harmonics than PR and VPI control methods. Besides, the settling time of the proposed control strategy is slightly poorer than PR and VPI control methods but it is acceptable.
From the above comparison results, we can conclude that the proposed control strategy has a satisfactory compensation performance without deteriorating the settling time severely compared with PR and VPI control methods. In Section 6.2, the THD of grid current when λ = −1 × 10 −2 was 2.94%. The 5th-50th harmonics of the grid current are all attenuated and can satisfy the requirements of IEEE Standard 519-2014. In Section 6.1, the settling time of the output current was 40 ms, and the overshoot of the output current was also small when λ = −1 × 10 −2 .
The THD of the proposed control strategy (3.0%) is superior to PR (3.56%) and VPI (3.31%) control methods. This is because the proposed control strategy compensates more high-frequency (29th-49th) harmonics than PR and VPI control methods. Besides, the settling time of the proposed control strategy is slightly poorer than PR and VPI control methods but it is acceptable.
From the above comparison results, we can conclude that the proposed control strategy has a satisfactory compensation performance without deteriorating the settling time severely compared with PR and VPI control methods. 
Conclusions
In this paper, a Lyapunov stability theory-based control strategy for a three-phase three-wire NPC-SAPF is proposed and implemented to broaden the output bandwidth. By constructing the switching function on the basis of a mathematical model and the Lyapunov candidate function, the proposed control law avoids introducing closed-loop feedback control and keeps the system globally asymptotically stable. The NP voltage balance approach and an improved LLCL filter are introduced to ensure the normal operation of NPC-SAPF. The comparison simulations and experimental results between the proposed strategy and the classical methods validated the effectiveness of the proposed control strategy. The results have demonstrated that the system is able to compensate harmonic currents from 1st to 50th without deteriorating the settling time severely, and ensure that each harmonic component of the grid currents meets the requirements specified in the IEEE Standard 519-2014. In Section 6.2, the THD of grid current when λ = −1 × 10 −2 was 2.94%. The 5th-50th harmonics of the grid current are all attenuated and can satisfy the requirements of IEEE Standard 519-2014. In Section 6.1, the settling time of the output current was 40 ms, and the overshoot of the output current was also small when λ = −1 × 10 −2 .
In this paper, a Lyapunov stability theory-based control strategy for a three-phase three-wire NPC-SAPF is proposed and implemented to broaden the output bandwidth. By constructing the switching function on the basis of a mathematical model and the Lyapunov candidate function, the proposed control law avoids introducing closed-loop feedback control and keeps the system globally asymptotically stable. The NP voltage balance approach and an improved LLCL filter are introduced to ensure the normal operation of NPC-SAPF. The comparison simulations and experimental results between the proposed strategy and the classical methods validated the effectiveness of the proposed control strategy. The results have demonstrated that the system is able to compensate harmonic currents from 1st to 50th without deteriorating the settling time severely, and ensure that each harmonic component of the grid currents meets the requirements specified in the IEEE Standard 519-2014. 
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Appendix A
The system can be linearized around the equilibrium point (x 1 = x 2 = x 3 = x 4 = 0). Thus, the Jacobian matrix A is given by (A1). And the detailed expression of |sI − A| (A2) can be deduced by Equations (14), (18) and (A1). 
